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BOJAN MAGAJNA
It suffices to check the condition (1.2) for an R-extreme point in the case n = 2. (Indeed, suppose that x satisfies the condition for n = 2. For a general n put y = >=2, aX = (a2,...
7a,)T
and let a = ulal be the polar decomposition of the column a. Then, writing (1.2) as x = a1xial + JaJ(u*yu)JaJ, it follows that x1 = x and a1 commutes with x. The same argument can be applied to j = 2, ... , n.) If R is commutative, then it is not difficult to show that the R-extreme points (and the C*-extreme points) are just the usual extreme points. Also, for a general R, all R-extreme points are extreme in the usual sense. Now we can state the main result of this note. Theorem 1.1. Each weak* compact C*-convex set K in a hyperfinite factor R is the weak* closure of the C*-convex hull of the set extR(K) of all R-extreme points of K.
To prove Theorem 1.1 we shall first consider for each x E R the weak* closure coR(x) of the C* convex hull coR(x) of x, where n n COR(X) {Zaj*xaj: aj E R, Eaaj = 1, n E N}.
j=1 j=1
Recall also that for each n E N the matricial range Wn (x) of an element x E R is the set of all q(x), where X is any unital completely positive map from R to Mn (see [1] or [14] ). The following two results will be used in the proof of Theorem 1.1.
Theorem 1.2. Let R be any factor and A C R a subfactor (containing the unit of R) isomorphic to Mt for some n E N. Then cOR(x) n A = Wn(x)
for each x E R, where Wn(x) is regarded as a subset of A by identifying A with Mn (using ary C* isomorphism). Moreover, 0(K) C K for each unital completely positive map q: R -A and each weak* compact C*-convex subset K of R. Lemma 1.3. Let R be a unital C*-algebra and A a C*-subalgebra containing the unit of R such that for each non-zero x E R there exists a conditional expectation E: R -* A satisfying E(x) + 0. If K is a C*-convex subset of R such that q(K) C K for each unital completely positive map 0q: R -* A, then extA (K n A) C extR(K). Theorem 1.2 and Lemma 1.3 will be proved in Section 2. In the case R = M Theorem 1.1 will be proved in Section 3 by using some results of [5] 
